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Saapose we have l : PCIR) → [o.co]

that is translator invariant and countably additive .
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Measurable factors.

Simple functions ,
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(Lebesgue)

f-
'

( (a,o°)) is measurable for all at IR .←
{ f> a}If DEIR is measurable

,
f :D → IR is

measurable if f- ' ( (geo)) is measurable for

all a c- IR .

D= Of
- ' ( C-noo))

NEIN

Remote: If f- is measurable they

f-
"

( ( a,b]) is measurable for all a.be/R,



f-
' ( (a. oo))) F( (boo))

f-
' ( Caio))=U f- ' (team])

0 (a ,a+n] = la
,
• )

new

new

f-
'

( ¥gA✗)= U f-' (A)
✗EJ

f-
'

( AAA) -_ A f-' (Aa)
✗TJ XEJ

f-
"

(A) = (FTA))
'



Exercise : f- is measurable iff
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Exercise: If A is a co- algebra of subsets at ✗

f- : ✗ → Y

them { V : f-
' ( v) c- A} is itself

a a- algebra of subsets of Y
.

Me is a on - alg at subsets of R ,

f- : IR- IR { v : f- " ( v ) c- Me} is
a d- alg i
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Examples : 1) continuous functions
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